The Many Faces
For any topological spaces X and Y, C (X, Y) and C* (X, V) denote the spaces of continuous maps of X into Y and the continuous maps of X into Y with relatively compact range, respectively. To say that a topological space X is ultraregular or ultranormal means, respectively, that the clopen sets are a basis or disjoint closed subsets of X may be separated by clopen sets. A synonym for ultraregular is 0-dimensional. We have a slight preference for the former in order to avoid confusion with other notions of dimension. Throughout the discussion, T denotes at least a Hausdorff space. For an ultraregular space E containing at least two points and ultraregular T, B. Banaschewski [2] discovered a compactification 03B20T of T in which every x E C* (T, E) may be continuously extended to 03B20x E E). 03B20T is nowadays usually called the Banaschewski compactification of T. It functions as the natural analog of the Stone-ech compactification (03B20T is aT for ultranormal T) in non-Archimedean analysis. Like the Stone-Cech compactification, the Banaschewski compactification is a protean entity, assuming many different guises. We discuss some of them in this section and then develop a new one in Sec. ?.
As a completion
Let E be an ultraregular space containing at least two points and let T be ultraregular. Let An E-compactification {3ET of an E-completely regular space T is (I) an E-compact space which contains T as a dense subset and (2) ('the E-extension property') each x E C (T, E) may be extended to 13Ex E C(03B2ET, E).
The following analogs of properties of the Stone-Cech compactification obtain for Ecompactifications. PoT is homeomorphic to ~32T under a homeomorphism that is the identity on T, as would be any ultraregular compactification of an ultraregular T with the E-extension property.
As a Space of Characters
Let F be an ultraregular Hausdorff topological field so that X = C. (T, F) may be considered as an F-algebra. A character of X is a nonzero algebra homomorphism from X into F. Let the set H of characters of X be equipped with the weakest topology for which the maps H --~ F, h -h (x), are continuous for each x E C* (T, F). For 
(X ).
If T is ultraregular then 03B20T is the Stone space of CI (T). Indeed, the map p : T -+ S (CI (T)), t ~ 03B2t, defined for t ~ T and K ~ CI (T) by 1 ~ 2 t ~ K (03B2t)(K) = {0 ~ 2 t ~ K is a homeomorphism of T onto a dense subset of the compact ultraregular Hausdorff space S (Cl (T)). .
As a Space of Measures
Let T be ultraregular and let Cl (T) be the ring (algebra, actually, since T E CI (T )) of clopen subsets of T, and let F be an ultraregular Hausdorff There is an ultranormal compactification 03B20T of T such that any x E C*(T, F) may be continuously extended to a function 03B20x E C (03B20T, F).
Proof. For t E T, let t" denote the evaluation map x ~----~ x(t) for any x E C'(T, F). ~Ve note that each such is a continuous linear form (algebra homomorphism, actually) and is of norm one. Thus T " = {t^ : t E T} C U where U denotes the unit ball of the normdual C*(T, F)' of C*(T, F). Furthermore, the map i T ~ C*(T, Fl', t ~ t", embeds T homeomorphically in C*(T, F)' endowed with its weak-* topology by the following argument. The map i is obviously injective. If a net t~ --~ t E T then x(t,) -~ x(t) for any x E C*(T, F); hence -; t" and therefore i is continuous. To see that i is a homeomorphism onto let ~'1 be a closed subset of T. Since T is ultraregular, if t ~ I( then there exists x E C*(T, F) such that x(t) = 0 and |x(K)| = r > 1. Hence the polar of tx} is a neighborhood of t" disjoint from and is a closed subset of i(K). As U is the polar of the unit ball of C*(T, F), it follows that U is weak-*-compact ([IS), Th. 4.11}. Therefore the closure cT in U of (the homeomorphic image of ) T " is compact in C*(T, F)' endowed with the weak-* topology. As to the continuous extendiblity of x E C'(T, F), consider the canonical image Jx of x in the second algebraic dual of C*(T, F), i.e., for any f E C*(T, F)', Jx(f) = f (x). Clearly Jx is weak-*-continuous on C*(T,F)'; so, therefore, is its restriction Qoz = Jx
Should this be called cFT rather than cT? No topologically significant changes occur for different F's: the compactness of the ultraregular space cT and the fact that T is C*-embedded in cT imply that cT = 03B20T by Th. 1.6.
Compactoidification
In this section we construct a compactoidification r~T of an ultraregular space T. (F, ~~!) denotes a complete nontrivially ultravalued field throughout. As 
